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i Ox+x = 20
i0x = 80, x=9
The measure of the larger acute £ is {9} = 81°.

b4 S+ 3+ 4x—5+Bx—18 = 28
idx ~ 21 = 28

idx = 49, %=
BC=dx-5 CA=Bx-18
BC=ad-5 Ch=8G-18
BC-%-5 Ca=%-1¢
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AB =10 BC=¢ CA=§

AARC is isosceies.




Given: BD L AD & B
ED LBC ’/\\
KB =0D N N
Prove: ABCDisall.
1 BSLED,BDLEBC 1 Given
2 sAaDBisarTiL. 2 1 Vnes form rhLs.
3 LCBDisartdl. 3 Bameas 2
s AB=CD 4 Given
5 THE=DE 5 Reflexive prop
5§ AARD =AUDE 8 HL
7 BED=EC 7 CPOTC
g ARBCDizalll £ Ifboth pairs of opposite

sides of & guad s7e =,
then itisa D
& ¥z lineislioonesidect & and intersects the other
swo sides, it divides them proportionaliy.
S TS = xthen PT= 15 -x

%ﬁ%=% 80 -2x = % Pl=15-x
12 kS
% = 1% a0 = 3x PT= 15~ 10
Z X
E: 15 —x ¥ = i ?T—5

% Beczuse the whele A and the small & can be proven ~

by AA, we cah use the following method:
RS SQ

ﬁ=% (TR) = 86
iz 12+8 o
TR 16 TR=7%
i2 18 32
TR~ 16 TR =73
iz _®

™™ 8

& By Chord-Chord power theorem:

3z = (12HE

3x = 24,x=8

15 ig
bt

18x = 48,% =31
e 12° = 3 &x —209

120 = 3u—10°

29° = Sx,% = 44°
4 Bolve for hypotenuse of 34 71 4, using Pythagorean
Triple 5-4-5. Then use another Pythagorean Triple
5.19-13 to Bnd x = 12,

/51 A 71 A
2l " A bl T B
Bz 2 \Pz 2
e L By - L
52/ 25 1pz ) 25
g _ 8 P12

g & pz B

e

10

i1

12

i 5y T Wy h WY -WE = Y2

8 pii] 50

oS WY 5-6= Y2
100 = WY %f—:‘fﬁ
‘5—;}2 WY

o WEK is a i &, 345 is s Pyihagorean Triple.
AW=10=8-2
W2 =£8=3-2, 80572 4(2)=8.

8 Arapescid = %(h:;-?‘bz}?l
A = 327+ 158
A = L0428 = 168
2
b A= T3

A= %iﬁ% = 2593
e AD = wr® Use Pythagorean Triple
E-12-13 4o SndrT.
A = w137 =189

In an isosceles Lrap any lower base 4 is supp to any Gpper
base L.

LB+ oG = 1BG
x+ 40+ 8x-T = 180 LB = x+ 40
8x+33 = 180 L8 = 48+ 40
Bx = 147, x=49 £8 = 8%°

LB =R, socB =895

= 3.14150, 2= 5.1428, 50 35 is more accurate.

a The & is o 30°80°90° 4. The £ opp the side © is 30°, %0
£LP =605
% When a guad is inseribed in 2 ©, opp 48 BT 5UPD.
180-97 = 4

B3 = g
& The measars of an exterior L of 2 & 38 egual to the sum
of the meagures of the remote interier £8,

72w BRa47

B = ¥
& The sum of the measure of a tangenl £ and s minor arg
is 180°.

366 - 258 = 102
g+ 102 = 18G,8=78

!

5 30 g8 oz
2 3% % b= 3g
By = 80,x=18 ¥% = 144,x=%12
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3 a {CDP

IH

{BOMAC (Tangent-Sscant Power Theorem)
(158 = 9(AC)
225 S(Al), AC = 25
b B = AC-BC
AB = 25-8=318

i

K}

14 Given: ARtangentto OFP. /\ ,/'"\
TR g ‘ 3 O <
ES diameter of O Q P R\ 7°
Prove: APAR ~4EBR S N
1 AR tangentito OF. 1 Given
2 RE digmeterof @ Q) 2 Given

2 RBS is s semicirele, 3 4 dismeter dividesa ©
into 2 semicireles.
4 An s inscribedin g

semicireleis a i L.

4 sBisarti.

5 AP L 5 A tangent lineis 1 tothe
radius.
6 <PARisaril. 6 Lilnesformaris,
"7 LPAR=/B 7 Bitisare =,
% LARP =/SRB 8 Vert£s are =.
g APAR ~ ABBE 9 Ak~
15 DE= 3BC BC = 2(8) + 48
4% = %(21:-&-48} BC = 64
4 = x+ 24 D/ & £
3x = 24,z2=8
8 Zxrog ¢
ia x=18-7=6
i0 = 5.2
6 = 53-%2 345 is s Pythagorean Triple.
v o= 4-2=8
& = int;+ by

A= B8+ D
A = 420= 80
b Using Hero's Formula

Ay = Vslz—als—bis—e)

1817421
&= 2
48
5 o= E‘:Zé

An = 24024 — 10)(28 - 17524 - 217
Ay = [BAGHTI

g = NT0B6 = 84
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£ Bjpporibed quad = VB —8)s — Bis ~oda~ )
1+84+ 31248
2z
.-
5 = 2:3;

o

Binseribed quad = V{17 — 10017 — 8Y(17 ~ 12¥17 - 3}
Ainseribed qund = ¥ TENBN 14}

Ainseribed quad = Y3920 = 2845

7 Be = 360. Bach exterior £ = 10°, 50 3680 + 10 = 36. There

ars 36 sides.

The base could be 19, then the other 2 sides would sach be
13 Wthe 2 = sides were sach 10, their sum would be 20,
so the base is 18 or 10

a Ifthe A shown is reg then it is alse equiangulsr,

L1 = BO5

B 5= {n-2)180)
8 = (8- 2180

i~

2

=N

8 = (6)180= 1080 .2 = %@z 1350

i

e 8 = {n-2)(180) 23 = =
8 = {62180 L3 =
5 = 4(180) = 720
d £4 = 360°~{LA + £hex + Loctagon)
£4 = 3B0° -~ (60° + 120° + 135%)
L4 = 45°

m*ﬁﬁl
&

1200

e The interior £ of a reg pentagon = 108°
386°
380°

Lhex + 25 + Loctagon
120° + L5 + 135°

[E

I

£5 = 1085° 108° = 105° No
£.3 18 supp te. 1500, 35 a6
4
80 21 = 30°. N > 4
£2 = 30° (PAD), ==
5048 = 115%
L% is supp to 115°,
30 Ly = BB°,
Given: WXYZ iz an isos irap W F A
with WZ = X7 .
/ \ 4
APEY is isos. L G
7 y
Prove: Pismdptof WX . -
1 Isos trap, Wi = kg 1 Given
2 APLY is ises. 2 Given
TF = PY 3 In an isos A, 2 sides are
4 LPZY = LPYZ 4 36 2% then L2




o

LIV = L EHE B The lower bass 25 of an

isos trap are =

g & LWIP= L EYY § Subtraction prop
' 7 AWEP = AXYP 7 8AS
g Wr=XpP g CPCTC
g Pis mdpt of WE . 8 If z pt divides 8 seg into

2 = gegs, it is the mdpt.

A
_'/ f

28 Civen: AL L. T, BL =BA
Prove: D is the mdpt of AT,

1 B0 1mBC=BA 1 Given i

g sADBisavil. 2 1 Ynes form ridsE.

g (CDBisertl. % Sameas 2

¢ B0=ED 4 Reflexive prop

5  AADB = aCDEB 5 HL

6 AD=CTD § CPCTC

% D mdpt BC 7 if a pt divides 2 seg into

2 = paris, then itis the
mdpt.

are
93 Length of avc = U —é—sfé'"j

AN

are
Length of are = 2 ,\wggé-)

% Length ol are= 21:(8)(::550}
‘ Length of arc = 16%{{%} = 2%

94 5 'The £ between each number 15 30°, because there are
350° in & circle and 380 + 12 = 80°, There sre 150° +

%{3{}") hetween the hends at 11:30. 1807+ 18° = 185°
L At 2:08 there are 30° +%{3ﬁ) bhetween the hands.
s0° + 25 = 225

¢ At2:24, there mre 307 + 5—2;%{3%} between the hands.
0% + 18% = 42°

28 RT%TQ:EQ,RQE?
RG is & radius and radil sfamaremsg, BU=T.

The diags of & ect are =, therefore RO=ET=7T.

26 mapt KB =R 0 =29
17 () is the center of the circle, 34 is the radius.

5F CETRE LT Lo
81 T

i

20

il

AspapEp = 20 =208

27 HerpathformsartlL
with Teps 28 m and 96 m
By Pythagorean Theorem,
the hypotenuse {distance

from stariing poindl is
28% 4 982 = W
754 + 5216 = b2
Vit = kb

106G = &, distanseis 100 m

98 g msD 4+ mil + meDBC = 180° LARD = 180%~£DBC
300 + 30° + DB = 180° LABD = 184 - 1207
msDBC = 120° LABD = B0°

LABD = 3ED) &

50° = L(AD),
mAD = 120°
o C
b AlL BE to the base of isosceles ADBC forms two
30°60°90° LS.
BX = i@ OX= BXWE CD=2CX
BX =3 X = 293 CD=23
¢ Use Tangent-Seeant Power Theorem.
LD = (BOXAL)
@32 = 98 +v)
243 = 81+ 8y
162 = 9y
i8 = ¥, 7 ="%y =

25 @ Use commen tengent proesdure.
ABXO is z rech.

IFAB = 2.4, then OX = 2.4 @

HAD=.7,then BE= 7

PY=PB+ B 0P2 - PER + OXF

FE=11+.7 0P = (L8E+ (247

A ) 0P = 3.24 + (2.4
OF = Y8.0=3

% dizt = OF ~ (radius © O + radims © B
dist = 3 0.7+ 1.1}
digt =318 = L2
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A0 2 moARD = B2°%(suppic 118%
mLAED = %{gﬁ +CB)
62° = L(AD +26%
§2° = AD s 13°

i

48° = ;AD,AD = 88°
meP = J(ABD-mAD) (mABD = 360 - 98 = 262)
mLP = (262 58)
miP o= £(184) =82
81 Bx-15 = dx+x+45  mLAWY = 4.20 =80
3x = Bx+ 60 ML WAY = 20+ 45 = 85
3x = 80 mIWYA = 180 - (80 + 85)
x = 20 MLWYA = 357

32 Avradine L toachord bis that
chord, 80 the base of the
A =5(48) = 24. The
radins of the © = 18 + =
Using Pythagorean Theorem,
w2 s (242 = {184 x)7
%%+ 576 = 324+ 368x + =%
576 = 324+ 36x radius = 18+x

252 = 38z tadius = 18 + 7
= x rading = 28
33 82 = x{x+ 9
836 = %%+ 9x
2+ 9% —-36 = O

Z+12Xx-3} =0
x=—lZorz=3 Releslzx=-12,s0x=3

84 2B =D becsuse opp £3 in 8 L7 are = and
HARR ~ AAFD by Ad-—,

AD T AF a2 "y “"“““"““““““““:7
g;% = ‘?f 24 = HAE) L/__m h\/
g T
AE = 8 - -
B 10 = 52
8 = 4{Z)
3-4-8 is 5 Pythagorean Triple, 5o
BE = 32 =%
AD = BL,e0BC= 15
x = BC-BE 18 = B2
x = 15-8 12 = 403
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wom g o= 3HZi=8
CO-FD o= v
I0~-8 = v

38 miP = é{m@mmCD}
24 = $(5x—2x)
24 = 5(3x)

88 Use the Pythagorean Theorem

o solve for d.

3% = (64342 88+ (adme
&2 = 12+ 832, 18
d= 8Y5+202

47 The int L35 of 8 A add up to 180°.
Lx + 40° is supp of LAER,
Ly + £% is supp of LAEB.
LE+ 40 = Ly s+ Lz

X440~y = =z
Z= X440y
LEDC =180~y

2+ LEDC +2 = 180 z = x+40—y
x4+ 180 -y +z = 180 Yex = x+40~y
Re¥+z = § Zy~2x = 40
Y—% = 2 Fox o= 20
2=y ~% = 20
LDEC =20
38 Bhaded 5728 7 A emic — A medivm 2emi® — & sm sermic
méﬁ{xz + Txy + y8) —%mz -—%“xyg £ 7
Zhaded arsa = mxy 8

38 Putthe As together
using one of the = pairs
25 2 common side.

AC is the median becauss

it divides BD into 2 = segs.
The height of both As will ba the same. The basss of both

&5 are = also, So the areas are sgual.




40 Given: QUADhasQU = AT

Qb s AU { T [
R Y T
Trove: SUAD isanisos frapezoid A i/
1 QUAD has QU = AD. 1 Given i T
9 2 A is supp to L6 2 {mven
3 a0 # AU 2 Given
4 £ is supp o LU, 4 In a guad, # Two L8 are
supp, the Temaining 245
are supp also.
5 QUAD may be inseribed 8 ifa quadrilateral
ina &L ig inseribed in a2 O, its
opposite L8 are supp-
s AD =90 8 I shords =, ares =
7 §Q 23 ﬁ-Q 7 Reflexive prop
g ADQ = 08D 8 Addition prop
g ch=sU o ,sinseribed in &= ares are =,
10 /D issupp 0 LA 10 Substitution
11 DG AU 11 ¥inierior £8 0T SAME
side of transversal are
supp, then lines are §.
12 QUaADiIsz frapezcid. 12 A trapezoid isa J with
exactly one pair of I sides.
13 QUAD is an isos 13 If a trapezoid has
trapezoid. one pair of = sides, itis
jsosteles.
43 x+{x+k)+{x+2‘x}+(x+3k}+{x-jr4‘§;}+{x+5k)m$€3
gx + 1Bk =30
z+Bh=7
Solving shmulianecusly,
=3,k =§
x4 4k = fi%
42 1ise Chorg-Chord Power Theorewt ; I”/RE/\
Each segment of the chord is X;’ a
15 beeause the whole cherd \‘{f\_//

LA s supp o L8

15 50 and it was bisected.

(18}15) =

b
2
Ed

235 = Bx,x=48

diameter

i
#
b
£
i
[
)
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